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PHASE TRANSITION:

# MT model has infinitely many absorbing states

# The critical point is defined as the parameter that separates two scaling regimes:
◦ The final number of stiflers does not scale with the system size (zero in the thermodynamic limit);
◦ The number of stiflers scales with the system size.



CRITICAL POINT (𝛼 ≫ 𝛿)

𝑞𝑘 (𝑖) =
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(𝑘−𝑖)𝜆

𝑖𝛼+(𝑘−𝑖)𝜆
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𝑖

(𝑖+1)𝛼
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]
if 𝑖 < 𝑘

0 otherwise

𝑞(1) = ⟨𝑞𝑘 (1)⟩𝑘 > 1



Power-law behavior: 𝑃(𝑘) ∼ 𝑘−𝛾

# 2.0 < 𝛾 < 3.0: vanishing;

# 𝛾 > 3.0: non-null;

# Robust for a range of 𝛼.





Subcritical behavior
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APPROXIMATE BEHAVIOR
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ASYMPTOTIC ANALYSIS
𝑘 = 𝑛 + 𝑐 + min(𝑐, 𝑘) and 𝑘 = 𝑚 + 𝑐, establishing
three different possible regimes:

# 0 < 𝑐 < 𝑘, where 𝑐 = 𝑚 − 𝑛 and 𝑘 = 2𝑚 − 𝑛;
𝑦
(1)
𝑖

= 𝜆̃
𝛼̃

# 𝑐 = 𝑘, where 𝑚 = 0 and 𝑛 = −𝑘;
𝑦𝑖 ∼ 𝜆

𝛼(𝜆Λmax+1)

# 0 < 𝑘 < 𝑐, where 𝑐 = −𝑛 and 𝑘 = 𝑚 − 𝑛.
𝑦𝑖 ∼ 1

𝛼Λmax
, Λmax ≈ ⟨𝑘⟩𝑘
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